On the performance of interatomic
potential models of iron: comparison of the
phase diagrams
Article
Accepted Version
Creative Commons: Attribution-Noncommercial-No Derivative Works 4.0

Bartok-Partay, L. (2018) On the performance of interatomic
potential models of iron: comparison of the phase diagrams.
Computational Materials Science, 149. pp. 153-157. ISSN
0927-0256 doi:
https://doi.org/10.1016/j.commatsci.2018.03.026 Available at
https://centaur.reading.ac.uk/76152/

It is advisable to refer to the publisher’s version if you intend to cite from the
work. See Guidance on citing .
To link to this article DOI: http://dx.doi.org/10.1016/j.commatsci.2018.03.026
Publisher: Elsevier

All outputs in CentAUR are protected by Intellectual Property Rights law,
including copyright law. Copyright and IPR is retained by the creators or other
copyright holders. Terms and conditions for use of this material are defined in
the End User Agreement .

www.reading.ac.uk/centaur
CentAUR

Central Archive at the University of Reading
Reading’s research outputs online

On the performance of interatomic
potential models of iron: comparison of
the phase diagrams
Article

BartokPartay, L. (2018) On the performance of interatomic
potential models of iron: comparison of the phase diagrams.
Computational Materials Science, 149. pp. 153157. doi:
https://doi.org/10.1016/j.commatsci.2018.03.026 Available at
http://centaur.reading.ac.uk/76152/

It is advisable to refer to the publisher’s version if you intend to cite from the
work.
To link to this article DOI: http://dx.doi.org/10.1016/j.commatsci.2018.03.026

All outputs in CentAUR are protected by Intellectual Property Rights law,
including copyright law. Copyright and IPR is retained by the creators or other
copyright holders. Terms and conditions for use of this material are defined in
the End User Agreement .

www.reading.ac.uk/centaur

CentAUR
Central Archive at the University of Reading
Reading’s research outputs online

On the performance of interatomic potential models of iron: comparison of the
phase diagrams
Lı́via B. Pártaya
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Abstract
In order to study the performance of interatomic potentials and their reliability at higher pressures, the phase diagram
of four different embedded-atom type potential models of iron is compared. The calculations were done by the nested
sampling technique in the pressure range 0.1 GPa–100 GPa. The low pressure stable structure is found to be the bodycentred cubic in all cases, but the higher pressure phases show a great variation, being face-centred cubic, hexagonal
close-packed and – at very low temperatures – different body-centred tetragonal phases are observed as well. The
melting line is overestimated considerably for three of the models, but for the one where liquid properties had been
taken into account during the potential fitting process, the agreement with experimental results is good, even at very
high pressures.
Keywords: nested sampling, phase diagrams, phase transition prediction, EAM models for iron

1. Introduction
When using atomistic simulations, one of the keys to
accurately predict the structure and properties of materials and their defects is the quality of the description
of atomic interactions. In order to compromise between
computational efficiency, generality and accuracy, empirical or semi-empirical potentials are often used as
descriptors in most large-scale and long-time computations. These potentials are commonly determined by fitting a proposed functional form to a group of available
data, which may be obtained from either experimental
measurements or first-principles calculations.
However, it is difficult to predict how these potentials will perform under conditions different from that
of the exact fitting parameters. While some of the microscopic properties are likely to be reproduced accurately, the macroscopic behaviour of the potential model
can be very different from what is expected, especially
the complex phenomena of phase transitions and phase
stability. Gaining a better understanding on how the
choice of fitting parameters effect the resulting phase
diagram can help us not only to determine the reliability
of a certain potential model, but to improve strategies
of potential development in the future. To be able to
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do this, it is vital to have a technique which is capable
of calculating the entire phase diagram of a potential
model in an automated way, without prior knowledge
of the phases. In recent years we have been developing such a technique, called nested sampling (NS). NS
is a Bayesian statistical method [1, 2] we adapted to explore the atomic phase space [3] and has been applied
to study clusters and the hard-sphere model [4, 5, 6]. In
previous papers [7, 8] we also showed how the NS algorithm enables the automated calculation of the complete pressure-temperature-composition phase diagram.
In the present work I further demonstrate this, using empirical potentials of iron and discussing the emerging
differences between the studied models.
1.1. Experimental phase diagram of iron
Iron is one of the most important and widely used
technological materials, moreover, it is considered to be
the dominant component of the inner core of the Earth.
Thus, investigating the properties and phase behaviour
of iron is not only of great industrial importance but fundamental in the understanding of geological processes
and the inner structure of our planet. However, due to
its unique properties, the complex phase diagram of iron
is still not fully understood, with details of the melting
line and crystal structures at high pressure being in the
focus of research for several decades.
March 21, 2018

At low temperature and pressure iron exists in the
α-Fe form, a ferromagnetic bcc structure. With increasing temperature this first transforms to the nonmagnetic fcc structure, γ-Fe, then to a ferromagnetic
bcc crystal again, called δ-Fe [9]. At higher pressures
the hcp structure (-Fe) becomes stable, the triple point
among the bcc, hcp, and fcc structures located at about
11 GPa and 750 K [10]. The ground state structure
is predicted to remain hcp up to about 300 GPa, however the phase diagram and crystal structure properties
are well defined only up to 20 GPa. While the transition between the γ-Fe (fcc) and -Fe (hcp) at temperatures close to the melting is usually seen at approx.
50 GPa [11], some measurements indicate that this happens at significantly higher pressures [12]. First principle calculations predict that at high temperature and
above 300 GPa, the stability of the fcc phase becomes
comparable again to that of the hcp, suggesting that at
extreme pressures both phases might be stable as well
as other close packed stacking sequences [13]. Furthermore, it has been suggested that two more stable crystal
structures might exist: there is evidence about the existence of a double-hcp structure, called 0 -Fe between
15 GPa-40 GPa [14], and speculations about a high temperature β-Fe phase (of unknown structure) at pressures
above 50 GPa [15, 12, 16].
The agreement between the melting temperatures
measured by different experimental techniques is good
up to 20 GPa, though above that there is a discrepancy between the results, with the suggested melting temperature ranging from 2800 K to 4100 K at
100 GPa [17, 18, 19, 20, 15, 12, 21].

A set of potentials were developed by Mendelev et
al. [25] with liquid parameters taken into account during the fitting procedure. As a result these EAM models
reproduce well the melting data and liquid structure factor of iron. I chose the recommended potential Nr.2 to
use in the current study and will refer to this potential as
Mendelev03.
Chamati et al. published a model [26], where both
DFT and experimental data were included in the parameter fit (elastic constant, vacancy formation), including
the energies of bcc, fcc, simple cubic and diamond cubic structures. The potential accurately predicts bulk
and surface properties for both bcc and fcc iron, as well
as describing the surface migration, phonon dispersion
curves and thermal expansion properties, though these
were not included while fitting the potential parameters.
I will refer to this potential as Chamati06.
Another EAM potential was developed by Marinica
et al., where although liquid properties were not included in the fit, DFT defect formation and migration
energies were [27, 28]. I will refer to this potential as
Marinica07.
It has to be noted that these EAM models lack the description of magnetic properties which play a significant
role in solid-solid transitions[29, 30], moreover, due to
the general formalism of the EAM potential, the interactions are spherically symmetric, missing the effect of directionality caused by the partially filled d bands of iron.
More complex interaction models are capable of providing a more accurate description of phase behaviour,
such as MEAM [23], bond-order potentials which can
predict the bcc-hcp phase transition correctly [31] and
the transition sequence of α − β − γ phases [32], or
magnetic bond-order potentials, which reproduces accurately the relative stability of different magnetic bulk
phases [33]. Nevertheless, due to their relative simplicity and low computational cost, EAM potentials are extensively used for studying different properties of iron,
thus understanding the phase behaviour of these models
is an important information for a wide range of applications.

1.2. Potential models for iron
In order to gain a better understanding on the properties of iron, different computer simulation and modelling techniques are regularly used to study e.g. the
crystal stability, surface properties, defects or radiation damage. Several interatomic potential models
have been developed in the past decades to allow large
scale calculations, especially within the embedded atom
model (EAM) framework [22, 23, 24, 25, 26, 27].
One of the most widely used EAM potentials for iron
was developed by Ackland et al. [24]. The coefficients
of this potential were chosen to fit the lattice parameter,
cohesive energy, unrelaxed vacancy formation energy
and elastic constants for α-Fe at T = 0K. I will refer
to this potential as Ackland97. This potential is known
to overestimate the melting point by at least 500 K at
ambient pressure and provides a liquid structure that is
more ordered than observed experimentally [25].

2. Computational details
The nested sampling calculations were performed as
presented in [7]. The simulations were run at constant pressure, and the simulation cell of variable shape
and size contained 64 atoms. The initial configurations
were generated randomly. New samples were generated with performing Hamiltonian Monte Carlo [8] (allatom) moves, and changing the volume and the shape of
the cell by shear and stretch moves. Overall 800 steps
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were performed at every iteration with ratio 1:2:2:2, respectively. Parallel implementations of this algorithm
is available in the pymatnest python software package [34], using the LAMMPS package [35] for the dynamics.
The number of walkers were chosen such that the difference in the melting temperature predicted by independent parallel runs is less than 100 K, and the solidsolid transition is reliably found. At pressures where
there are no solid-solid transition, 640 or 1280 walkers were enough to reach convergence, and when solidsolid transition were present 1920 walkers were needed.
The exception is the high pressure hcp-fcc transition
of the Chamati06 potential, where 4800 walkers were
needed to consistently see the transition. The computational cost associated with different number of walkers
is shown in Table 1. The error bars reported on the phase
diagrams correspond to the full width at half maximum
of the heat capacity peaks.
When the sampling process was finished, the heat capacity curves were calculated, its peak positions allowing us to draw the phase diagram. To aid the identification of the solid structure and determine the solid-solid
phase transitions both the bond order parameters [36]
and the weighted average of radial distribution functions
were used.
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Figure 1: Heat capacity curves of the Ackland97 potential at different
pressures. The peaks correspond to the melting transition.
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Table 1: Typical number of walkers and the associated computational
cost. Total force evaluations are counted as for 64 atoms.

number
of walkers
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1280
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9.6 × 108
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Figure 2: Phase diagram of iron with the Ackland97 potential. Black
lines correspond to experimental data (long dash lines correspond to
melting data: (a)[17], (b)[18, 19, 20], (c)[15] and (d)[12],while solidsolid transitions are shown by dash-dot lines [11] and solid lines [9].
Suspected 0 and β phases are not shown). Red symbols and lines
correspond to the Ackland97 potential results.
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3.2. potential Mendelev03
The calculated phase diagram of the Mendelev03 potential can be seen in Figure 3.
As shown before [25], the melting temperature agrees
very well with the experimental value, but more importantly this agreement is still excellent at much higher
pressures, and fits the experimental data of Williams et
al.[17] up to 90 GPa. This suggests that including low
pressure liquid structure properties in the potential fit
can improve the reliability of the predicted melting line
in a wide range, even up to very high pressures.
At lower pressures the stable structure is bcc, then
between 44 GPa and 57 GPa the body centred tetragonal structure, bct, becomes the ground state structure.
Compared to the bcc, the cell is elongated to one di-

3. Results
3.1. potential Ackland97
Heat capacity curves and the phase diagram of the
Ackland97 potential are shown in Figure 1 and 2, respectively. The melting line is overestimated considerably, with the low pressure melting point being about
700 K higher than the experimental value, with the same
trend continuing at higher pressures. The only stable
solid structure is bcc in the studied pressure range, but
the fcc phase, which is metastable for this model, has
also been studied [37].
3
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configurations begin to be formed too, although this accounts for the minority of the structures observed. This
is demonstrated on Figure 6, where the average Q6 bond
order parameter of the configurations generated during a
NS calculation at 90 GPa are shown. Below the melting
temperature the majority of the configurations have an
order parameter corresponding to the dhcp structure, but
fcc and hcp are present as well. At 2500 K the ratio of
fcc structures becomes larger indicating that it becomes
the favourable solid state.
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Figure 3: Phase diagram of iron with the Mendelev03 potential. Black
lines correspond to experimental data (long dash lines correspond to
melting data: (a)[17], (b)[18, 19, 20], (c)[15] and (d)[12],while solidsolid transitions are shown by dash-dot lines [11] and solid lines [9].
Suspected 0 and β phases are not shown). Red symbols and lines
correspond to the Mendelev03 potential results.
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rection (c/a = 1.22) and this allows the packing fraction, thus the density to be increased by 2.8%. This explains why this structure becomes favourable at higher
pressures. Figure 5 shows the weighted average radial
distribution functions and powder diffraction spectra at
different temperatures at 54 GPa. The additional small
peaks corresponding to the bct(l) structure disappears
between 350 K and 400 K, indicating that above that
the bcc structure is more favourable than the slightly
elongated bct(l).
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Figure 4: Structures of the body-centred-tetragonal structure seen in
simulations. (a) elongated tetragonal cell c/a > 1.0 referred to as
bct(l) and (b) shortened tetragonal cell, c/a < 1.0, referred to as
bct(s).

Figure 5: Mendelev03 potential at p = 54 GPa. (a) Weighted average
radial distribution functions, and (b) weighted average powder diffraction spectra at different temperatures. The red and blue lines show the
reference results of the bct(l) and bcc structures, respectively. The
curves are shifted vertically for clarity.

As the pressure is increased above 57 GPa, the
fcc structure becomes the ground state (which can√be
thought of as the same as a bct structure with c/a = 2,
thus a bct with an even higher density). The high temperature phase also changes from bcc to a mixed stacking close packed structure, containing hexagonal (h) and
cubic (c) layers in the same ratio, such as hhci (known
as double-hexagonal close packed, dhcp) and hhhcci.
As the pressure increases further, more and more configurations of dhcp structure are seen, and at 90GPa, hcp

3.3. potential Marinica07
The phase diagram of the Marinica07 potential model
is shown in Figure 7. The potential overestimates the
melting temperature, at small pressure by 540 K, but the
difference increases further with increasing pressure.
The stable phase at lower pressures is bcc, with two
different bct structures being the ground state below
100 K in the pressure range 4.0 − 21.7 GPa. Between
4 GPa and 15.5 GPa a shortened bct (c/a = 0.93
4
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Figure 6: Q6 bond order parameter of the configurations as a function of temperature, generated during a nested sampling run with the
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phase transitions and the Q6 of some perfect crystal structures are
marked by arrows.
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Figure 7: Phase diagram of iron with the Marinica07 potential. Black
lines correspond to experimental data (long dash lines correspond to
melting data: (a)[17], (b)[18, 19, 20], (c)[15] and (d)[12],while solidsolid transitions are shown by dash-dot lines [11] and solid lines [9].
Suspected 0 and β phases are not shown). Red symbols and lines
correspond to the Marinica07 potential results.

with 0.37% increase in density) is stable, while between
15.5 GPa and 21.7 GPa an elongated bct (c/a = 1.05)
is the ground state structure. Above 41.1 GPa the fcc
structure becomes more stable than the bcc.

matches the experimental values relatively well, but the
discrepancy slightly increases closer to the phase transition temperature. The density of the liquid phase shows
a great variation and although its change with temperature shows a similar trend to that of the experimental line, the actual values are all larger, except for the
Chamati06 potential.

3.4. potential Chamati06
The phase diagram of the Chamati06 potential model
is shown in Figure 8. This potential overestimates the
melting point by only 250 K at low pressures, however
the predicted melting line is very steep, the phase transition temperature becomes more than the double of the
value suggested by experiments at 80 GPa. As expected,
the bcc is the low pressure stable phase, and there is
again a narrow pressure range (between 25 − 31 GPa)
where the bct(s) phase (c/a = 0.92 )becomes the most
favourable at very low temperatures. Surprisingly, although the potential was fitted only to bcc and fcc parameters, the hcp structure becomes the stable structure at higher pressures. Although the fcc becomes
the ground state structure above 42 GPa, hcp continues
to be the high temperature solid phase also for much
higher pressures. Moreover, I found that a large number of walkers are needed to find and sample the fcc
basin adequately, even at high pressures, suggesting that
the phase space volume ratio of the fcc structure is very
small compared to that of the hcp above transition.
Figure 9 shows the density predicted by the four models at p = 0.1 GPa as a function of temperature. Since
the only stable structure of the models at low pressure
is the bcc, we cannot expect them to show the density
change corresponding to the α-Fe to γ-Fe transition at
1183 K, which causes an expansion in the unit cell volume. The density of the low temperature solid phase

4. Conclusions
The current work has demonstrated how the nested
sampling method can be used to calculate the pressuretemperature phase diagram, without a prior knowledge
of the phases, on the example of four interatomic potential models of iron. I have compared the predicted features of the phases to study the reliability of the models.
The bcc structure was found to be the low pressure stable phase for all four potentials, as one could presume
from the fitting procedures of these models. As the studied potentials do not describe the magnetic properties
of iron, they cannot be expected to reproduce the low
pressure phase behaviour where magnetism strongly influences the relative stability of polymorphs [29, 30].
However, at higher pressures all the potentials have multiple stable phases, except the Ackland97 model. The
other three models have a pressure range where the body
centred tetragonal phase is the most stable at very low
temperatures, and the bcc phase transforms to either fcc
or hcp at an even higher pressure. The melting temperature is considerably overestimated by three of the models, but the Mendelev03 potential shows a very good
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Figure 9: Density of iron as predicted by the studied models, as a function of temperature. Symbols correspond to experimental data, solid
squares shows the density of solid iron (Ref. [38]), open circles and
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Figure 8: Phase diagram of iron with the Chamati06 potential. Black
lines correspond to experimental data (long dash lines correspond to
melting data: (a)[17], (b)[18, 19, 20], (c)[15] and (d)[12],while solidsolid transitions are shown by dash-dot lines [11] and solid lines [9].
Suspected 0 and β phases are not shown). Red symbols and lines
correspond to the Chamati06 potential results.
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The author thanks Gábor Csányi for useful discussions, and Yuri Mishin and Lucas Hale for providing
the potential files for their model, Chamati06. LBP acknowledges support from the Royal Society through a
Dorothy Hodgkin Research Fellowship.
Data Availability
The raw data required to reproduce
findings
are
available
to
download
http://dx.doi.org/10.17632/kx832htkkv.1.
processed data required to reproduce
findings
are
available
to
download
http://dx.doi.org/10.17632/kx832htkkv.1.

0

Ackland97
Mendelev03
Marinica07
Chamati06

these
from
The
these
from

[1] J. Skilling, Bayesian inference and maximum entropy methods
in science and engineering, in: AIP Conference Proceedings,
Vol. 735, 2004, p. 395.
[2] J. Skilling, Nested sampling for general bayesian computation,
J. of Bayesian Analysis 1 (2006) 833.

6

2002.
[19] G. Shen, H. Mao, R. J. Hemley, T. S. Duffy, M. L. Rivers, Melting and crystal structure of iron at high pressures and temperatures, Geophys. Res. Lett. 25 (1998) 373.
[20] Y. Z. Ma, M. Somayazulu, G. Shen, H. Mao, J. Shu, R. J. Hemley, In situ x-ray diffraction studies of iron to earth-core conditions, Phys. Earth Planet. Inter. 143 (2004) 455.
[21] A. Aitta, Iron melting curve with a tricritical point, J. Stat. Mech.
12 (2006) P12015.
[22] Y. N. Osetsky, A. G. Mikhin, A. Serra, Study of copper precipitates in iron by computer simulation i. interatomic potentials and
properties of fe and cu, Phil. Mag. A 72 (1995) 361.
[23] B. J. Lee, M. I. Baskes, H. Kim, Y. K. Cho, Second nearestneighbor modified embedded atom method potentials for bcc
transition metals, Phys. Rev. B 64 (2001) 184102.
[24] G. J. Ackland, D. J. Bacon, A. F. Calder, T. Harry, Computer
simulation of point defect properties in dilute fecu alloy using
a many-body interatomic potential, Phil Mag A 75 (1997) 713–
732.
[25] M. I. Mendelev, S. Han, D. J. Srolovitz, G. J. Ackland, D. Y.
Sun, M. Asta, Development of new interatomic potentials appropriate for crystalline and liquid iron, Phil Mag A 83 (2003)
3977–3994.
[26] H. Chamati, N. Papanicolaou, Y. Mishin, D. A. Papaconstantopoulos, Embedded-atom potential for fe and its application to
self-diffusion on fe(100), Surf. Sci. 600 (2006) 1793–1803.
[27] L. Malerba, M.-C. Marinica, N. Anento, C. Bjorkas, H. Nguyen,
C. Domain, F. Djurabekova, P. Olsson, K. Nordlund, A. Serra,
D. Terentyev, F. Willaime, C. Becquart, Comparison of empirical interatomic potentials for iron applied to radiation damage
studies, J. Nuclear Mat. 406 (2010) 19–38.
[28] M.-C. Marinica, F. Willaim, J.-P. Crocombette, Irradiationinduced formation of nanocrystallites with c15 laves phase
structure in bcc iron, Phys. Rev. Lett. 108 (2012) 025501.
[29] P. Bagno, O. Jepsen, O. Gunnarsson, Ground-state properties of
third-row elements with nonlocal density functionals, Phys. Rev.
B 40 (1997) R.
[30] G. Steinle-Neumann, L. Stixrude, R. E. Cohen, Magnetism in
dense hexagonal iron, PNAS 101 (2004) 33–36.
[31] G. L. Krasko, B. Rice, S. Yip, A bond-order potential for atomistic simulations in iron, J. Computer-Aided Mat. Design 6
(1999) 129–136.
[32] M. Mller, P. Erhart, K. Albe, Analytic bond-order potential for
bcc and fcc ironcomparison with established embedded-atom
method potentials, J. Phys.: Condens. Matter 19 (2007) 326220.
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